Abstract: Depth of anaesthesia (DoA) is an important measure for assessing the degree to which the central nervous system of a patient is depressed by a general anaesthetic agent, depending on the potency and concentration with which anaesthesia is administered during surgery. We can monitor the DoA by observing the patient's electroencephalography (EEG) signals during the surgical procedure. Typically high frequency EEG signals indicates the patient is conscious, while low frequency signals mean the patient is in a general anaesthetic state. If the anaesthetist is able to observe the instantaneous frequency changes of the patient's EEG signals during surgery this can help to better regulate and monitor DoA, reducing surgical and post-operative risks. This paper describes an approach towards the development of a 3D real-time visualization application which can show the instantaneous frequency and instantaneous amplitude of EEG simultaneously by using empirical mode decomposition (EMD) and the Hilbert-Huang transform (HHT). HHT
Introduction
A critical factor in determining whether a surgical operation will succeed or not, lies in the regulation of depth of anaesthesia (DoA). Monitoring the DoA is an important task during any invasive surgical procedures which requires the patient to be unconscious [1] . Most DoA monitoring methods to evaluate the degree of awareness of the patient during surgery are based on heart rate, blood pressure, electrocardiography (ECG) or electroencephalography (EEG). Among these, EEG can be used to clearly express the patient's degree of consciousness as it has been shown that there is a significant difference between EEG signals acquired during conscious and unconscious states [2] [3] [4] .
The whole operation process can be divided into three stages: before, maintenance and recovery, which are based on the time of induction, excision and the end of the operation. The before stage is defined from the moment the patient enters the operating room to them being intubated. At this stage, the patient can move his/her body or eyes, so the EEG signals tend to be very noisy and confused. The maintenance stage occurs between intubation and the end of operation during which the patient is under a deeply anaesthetized state. Consequently, the EEG signals at this maintenance stage are relatively more orderly than in other stages. After the surgery ends, the patient gradually regains consciousness during the recovery stage and the EEG signals will tend to be more complex during this stage. In order to accurately evaluate the DoA from the EEG signal, instantaneous frequency provides a convenient way of decomposing the different frequencies of the EEG signal, which can help the anaesthetist to better understand the different signal characteristics associated with the degree of consciousness of a patient [5] . This can then be used to distinguish the different stages during a surgical procedure and as a consequence improve the monitoring of DoA though better managing the patients' responses to the amount of anaesthetic administered. Empirical mode decomposition (EMD) is a method for analyzing non-stationary and nonlinear data such as analog as well as digitized signals, representing time-varying or spatially varying physical quantities [6] [7] [8] [9] . The process involves decomposing these signals into several intrinsic mode functions (IMF), which are simple oscillatory functions with varying amplitude and frequency. IMFs provide a useful means for analysis in both the time and frequency domain simultaneously. Fast Fourier Transform (FFT) can then be used to convert these IMF back into a frequency domain, so that noise can be filtered out according to a desired frequency range of each IMF.
EMD can be used to initially filter out noise-related frequencies from the raw EEG signal and combine selected IMFs to represent a filtered EEG signal [10] . The Hilbert-Huang transform (HHT) [6] is then used to get the instantaneous frequency and instantaneous amplitude of the filtered EEG signal, which is suitable for analyzing non-stationary and nonlinear data, such as physiological signals [6, 7] . The instantaneous frequency, instantaneous amplitude and time elements of the filtered EEG signal can then be recombined to build a real-time 3D representation of the EEG signal which can simultaneously express the amplitude and brain wave frequencies of the EEG signal and their variation with time. This can be achieved more accurately than traditional approaches, such as direct EEG monitoring or the FFT method, which cannot simultaneously display the instantaneous amplitude, frequency and time of an EEG signal. The 3D instantaneous frequency based model of the EEG signal can be used to differentiate the frequency band characteristics associated with the degrees of consciousness of the patient over the different surgical stages.
In this paper, we propose an approach towards the development of a 3D real-time visualization which can show the instantaneous frequency and instantaneous amplitude of EEG simultaneously by using EMD and HHT. Compared with the traditional physiological monitors, which are based on a 2D representation, this new representation can be used to enable the anaesthetist to more accurately monitor and evaluate the DoA of the patient during surgery and reduce risks to the patient during and from post-operative complications after surgery. The anaesthetist can also use the approach to visualize and assess the effects of different surgical procedures and patient's pre-operative conditions by observing the 3D real-time representation.
Our approach is evaluated based on its ability to differentiate between each of the three surgical stages (before, maintenance and recovery) using EEG data acquired during surgical procedures performed on thirty patients. Two indexes are applied at the end of the filtering process to distinguish the different operational stages, specifically the area ratio of α + β waves (8-32 Hz) under FFT curve (AUC) and sample entropy (SampEn) [11] [12] [13] . The bispectral index (BIS) is a non-invasive technology used to monitor DoA. It has been shown to be a quantifiable measure of the effect of anaesthetics on the central nervous system [14, 15] and can be regarded as a measure of the actual degree of awareness of the patient. The BIS ranges from 0 to 100, where a higher score corresponds to a higher state of consciousness. BIS was used to compare and validate the results of calculating the AUC ratio of α + β waves and SampEn methods used in this study to judge whether these approaches can be suitably applied for monitoring DoA. The result shows that the SampEn approach is able to distinguish between key operational stages related to DoA, which is consistent with the clinically based observations. The rest of this paper is organized as follows: Section 2 describes the analysis methodology that includes the steps of our proposed signal filtering approach to produce the 3D instantaneous frequency and instantaneous amplitude representation of the EEG. In Section 3 we describe the experiments and results of evaluating the proposed approach based on DoA data obtained from real patients. Finally Sections 4 and 5 provide the discussion and conclusions, respectively.
Analysis Methodology

Proposed Signal Filtering Approach Used to Generate 3D Representation of EEG
To illustrate the proposed signal filtering approach, EEG sample data acquired from the maintenance stage of a nasal tumor excision procedure that was performed on a 44-year-old patient using a harmonic scalpel will be used. The flow chart of the processing steps in the proposed approach is shown in Figure 1 , and the details of each step are described in the following paragraphs. Step 1. Decompose the EEG signal into several IMF EMD is used to decompose the EEG signal into a finite number of IMFs [6, 16] , which can be expressed as follows: (1) where is the original signal in time domain, is ith IMF, and is residue. The IMFs are simple oscillatory functions with varying amplitude and frequency. Therefore, they are suitable for analysis in both the time and frequency domains simultaneously. The original signal is decomposed repeatedly until its residue becomes a monotonic function. Hence, we can choose different suitably selected IMF combinations to reduce the noise in the signal and then re-construct the signal [5, 16] . To illustrate this using the sample EEG data Figure 2 shows the decomposed IMFs of a 40 s segment of the EEG signals that were acquired.
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Step 2. Convert the IMFs to frequency domain
The IMFs are converted from the time domain to the frequency domain using a FFT which has been shown to improve the efficiency of the Hilbert transform (HT) by more accurately capturing the frequency ranges present in the signal and also helps reduce errors derived from the estimation of time period from the time-domain based signal [17] . Thus, we can filter the noise according to the frequency from each IMF. Figure 3 shows the IMFs after using FFT.
Step 3. Cut off the Noise of Each IMF
The normal frequency of EEG signals generated by the human brain is between 0.5 Hz and 32 Hz, and they contain δ, θ, α and β waves, arranged from low frequency to high frequency, respectively. Frequencies outside this range can be regarded as noise. EEG signals are easily interfered by noise from equipment used during surgery (e.g., from electromyography (EMG), electrooculography (EOG) and electrosurgical units (ESUs)) [9, 18] . These will affect the accuracy when the anaesthetist evaluates the DoA of the patient. Hence filtering out this noise is a necessary task and the goal of this step is to cut off the noise whose frequency is less than 0.5 Hz and greater than 32 Hz, from each IMF. 
Step 4. Reverse the filtered IMF into time domain
Inverse fast Fourier transform (IFFT) is then used to convert the signal from a frequency domain back into a time domain. The time segment used in this approach is 40 s with an overlap 10 s. Having a shifting window of 30 s was selected based on trial and error to sample the signal when monitoring DoA, which is explained in the next step.
Step 5. Construct the IMF of filtered EEG signal
From observing the IMFs in the frequency domain, we found that the frequencies of the decomposed signal beyond IMF7 are small enough to be ignored. Hence, we choose to combine IMF1 to IMF7 produced from the previous step, to obtain a new EEG signal, as shown in Figure 4 . Using IFFT brings out an edge effect which causes the amplitudes of the EEG signal to be unusually high 
Step 6. Obtain the instantaneous frequency via HHT
From the previous step, we obtain the filtered EEG signal. We then obtain the instantaneous frequency and instantaneous amplitude of the filtered EEG signal by applying the HHT, which is suitable for analysing non-stationary and nonlinear data [6] . The main purpose of using the HHT approach [6, 7] is to get an accurate instantaneous frequency-based representational decomposition of the complex EEG signal. This enables the EEG signal to be separated into its constituent frequencies providing a convenient way for the anaesthetist to read the signal information and associate it to different consciousness states of a patient. Figure 6 shows the frequency distribution varying with time (before and after filtering), for the maintenance stage of the previously described nasal tumor excision surgery. The x-axis is time and the y-axis shows the instantaneous frequency. The normal EEG signal for a human can be classified into four frequency ranges: δ (0.5-4 Hz), θ (4-8 Hz), α (8-16 Hz) and β (16-32 Hz), represented in Figure 6 by blue, yellow, green and pink, respectively. The red parts of the signal represent noise, which lie in the range greater than 32 Hz and less than 0.5 Hz. Hence the filtered EEG signal can be shown to have a reduced proportion of noise present in the signal. 
Step 7. Build the three-dimensional signal representation
By using the data obtained from Step 6, we build the 3D real-time representation of a patient's EEG signal output, where the x-axis shows the instantaneous frequency, the y-axis is time and the z-axis is the instantaneous amplitude.
Evaluation Approaches for Quantifying Filtered Signal Efficiency in Identifying Patient Conscious States Associated to Surgical Stages
Previous studies have shown that the different frequencies of an observed EEG can indicate the different states of consciousness of a patient during surgery, which can be used by the anaesthetist to evaluate the patient's degree of consciousness [3] . Therefore, calculating the ratio of high frequency and the complexity of EEG signal can be used as indexes for evaluating the DoA of patients. In this study, two quantitative approaches are used to distinguish the different surgical stages, as shown in Figure 7 . The first approach is a well-known technique for calculating the area ratio of α + β waves (8-32 Hz) in the EEG frequency for normal human and (0.5-32 Hz) under the FFT curve. The second approach is based on computing the sample entropy (SampEn) value of the signal. SampEn is an improvement of approximate entropy (ApEn) [11] , which is a method for quantifying the amount of regularity in data [12, 19] . SampEn is more consistent with previous research results compared to the ApEn approach [11] . This is because the ApEn method lacks two important properties: firstly, ApEn is heavily dependent on the record length and is uniformly lower than expected for short records, secondly, ApEn lacks relative consistency [20] . BIS has been shown to be a quantifiable measure of the anaesthetic effect on the central nervous system [14, 15] . We use BIS collected from patients in the operation room during surgery as a means of evaluating the consistency of the results produced from the two quantitative approaches with the clinical observation. The results will compare both approaches to determine which one is better in assessing DoA.
Experiments and Results
In this study, the EEG signals were collected from thirty patients, all male and whose ages ranged from 20 to 70. Fifteen of these patients were suffering from tumors, while the remaining 15 had hernias, gallbladder stone, common bile duct (CBD) stones, sleep apnea syndrome, neck mass, allergic rhinitis, nodular goiter, hyperthyroidism, cholecystitis, and open fractured finger and cellulitis. The equipment in the operating room included a physiological monitor (IntelliVue MP60, Philips, Amsterdam, The Netherlands) and a portable computer. This equipment displays the patient's physiological signals, specifically: ECG, EEG, blood pressure (BP) and saturated percentage of oxygen (SpO2) in real time. This study is aimed at single channel EEG signal analysis, based on a sample frequency of 125 Hz, for interpretation of DoA using the BIS™ Sensor (Aspect Medical Systems AG, Feuerthalen, Switzerland). Since only consciousness is being measured during anaesthesia, data from only a single channel of the EEG signal was collected. This study was also approved by an institutional review board and written informed consent was obtained from all the patients. The EEG signals were analyzed and processed every 40 s using MATLAB (R2012a, MathWorks, Natick, MA, U.S.A.) based on the approach introduced in Section 2.
3D Real-Time Representation of EEG at Each Stage
The following 3D real-time representations in Figures 8 to 10 are from the EEG signal output produced during the same nasal tumor excision operation that was used to illustrate the proposed signal filtering approach in Section 2. The total operation time was approximately 67 min and the plots shown are based on a 30 s sample from each of the three surgical stages (before, maintenance, recovery). Figures 8 to 10 show the 3D real-time representations of the EEG signals before and after filtering (based on using the proposed filtering method) at the before, maintenance and recovery stages respectively. Note that the amplitude of the EEG signal tends to be less after filtering irrespective of the operational stage. Both the filtered and non-filtered signals indicate that the high frequency (α and β waves) occurring at stage 1 and stage 3 were higher than at stage 2 which is similar to the clinical expectations of α and β waves recorded from awake patients. 
Evaluations and Results of Using AUC, SampEn on Filtered and Non-Filtered Signal, Compared to Obtained BIS at Each Surgical Stage
As previously discussed the area ratio of α + β waves under the FFT curve and the SampEn approach were used to distinguish the different surgical stages based on the filtered EEG signals derived from using our proposed approach. To objectively evaluate the ability of the proposed EEG signal filtering approach in assessing DoA, it was also compared to a standard filtering approach comprising of the following steps: First the raw EEG signal is filtered by a band-pass (0.5~32 Hz) filter. Then EMD is used to obtain IMFs from the band-pass filtered signal. Following this a filtered signal is constructed from the combination of IMF1 to IMF7. The subsequent steps are the same as steps 6 to 7 of the proposed signal filtering approach as described in Section 2.1. Figure 11 shows a part of filtered signals (by using the proposed and standard filtering approaches) in the frequency domain obtained via FFT again. Figure 11(a) shows that noisy signal amplitudes over 32 Hz have been reduced considerably after using proposed approach. In comparison with the standard approach, the filtered signal contains more pronounced amplitudes (noise) in the frequencies greater than 32 Hz, as shown in Figure 11(b) . Table 1 shows the area ratio of α + β waves in 0.5-32 Hz under the FFT curve (AUC) of the thirty patients before and after filtering (for the proposed and standard filtering approaches) at each operational stage. The sample entropies from each of the thirty patients before and after filtering at each surgical stage are shown in Table 2 . Finally, Table 3 shows the BISs of thirty patients at each surgical stage. These three indexes, indicate that the average value at stage 2 (maintenance) is less than at stage 1 (before) and stage 3 (recovery) with the exception of the standard filtering method. Moreover, the error bars of standard error of the mean (SEM) as shown in Figures 12(a,b) indicate that this differentiation between the stages is more pronounced when employing the SampEn method on the filtered signal generated using the proposed approach. Here the obtained results are also closer to the clinical observations based on using BIS. Although BIS can have variable reliability issues when used in conjunction with certain administered anaesthetic drugs, it is still considered a popular benchmark for evaluating DoA. 
Statistical Comparison of Differences between Each Operational Stage
The following analysis was conducted to determine the statistical significance of whether the results from using the original signal, proposed and standard filtering approaches were consistent with the clinical observation. A one-way analysis of variance using a one-way ANOVA [21] was used to compute the p-value between each operational stage, to examine whether there was a significant difference between each surgical stage. A Student-Newman-Keuls (SNK) test was then conducted for multiple comparisons when the null hypothesis was not applicable [22] . If p < 0.05, it indicated there was a significant difference between the two stages being compared. On the contrary, p > 0.05 suggested the two compared stages were very similar. Figure 12 . SEM error bar before and after filtering. (a) By calculating AUC ratio of α + β waves; (b) By using SampEn and BIS. Red, blue and black lines are corresponding to Y1 axis which is the scale for EEG signal before and after filtering, and the green line is corresponding to Y2 axis which is the scale for BIS.
The use of both indexes: AUC ratio of α + β and SampEn, show a significant difference between stage 2 and stage 3 after filtering, which is consistent with the BIS results as shown in Table 4 . Furthermore, the statistical analysis results of the SampEn method and BIS are identical, showing a significant difference between each of the three stages using both the standard and proposed filtering methods. The results however indicate that using the proposed filtering method is closer to the clinical observations as the mean value at stage 1 is lower than stage 2 when using the standard filtering method, which is inconsistent with the results of BIS as shown in Table 4 . 
Discussions
In this study, SampEn was used as a quantitative method to distinguish the different surgical stages, where it has been previously shown to be a practical and efficient method to monitor the DoA during surgeries in real time [5] . From the results in Table 2 , we can see that there have been three cases that violate the clinical observation, in which SampEn at stage 1 are still lower than at stage 2 after filtering (for proposed and standard filtering approaches) is applied. The main reason for this may be because of the extensive use in those interventions of an electrotome, which is a kind of electronic instrument that uses heat produced from high current density to achieve a cutting or hemostasis effect. This kind of instrument will produce high frequencies when used, which will interfere with the EEG signals and make the signals become noisy and complex. An example of this can be seen from the results of patient 8 (see Table 2 ), where according to the surgical records an electrotome was used in stage 2 which accounted for half the operating time. This had the effect of causing the SampEn at stage 2 to be higher. Future work will look at removing the noise produced by the use of electrotomes and other high frequency cutting instruments during stage 2 over a longer time period to see if the results will be closer to what tends to be clinically observed.
The results of the statistical analysis show that the differences between each surgical stage for the standard filtered signal (computed by using SampEn) is consistent with the trend of difference between each stage based on BIS. However, the mean value of the standard filtered signal at stage 1 is lower than stage 2 (see Table 2 ), which is not consistent with the BIS results. This inconsistency is mainly caused by the use of the band-pass filter, which will generate transition regions in the filtered signal as the noise in the original signal outside the 0.5 Hz to 32 Hz range cannot be effectively filtered out as shown in Figure 11 (b) for frequencies over 32 Hz. In comparison the proposed approach obtains a cleaner signal over the same range as shown in Figure 11 (a), and hence is more effective in filtering out signal noise resulting in more consistency between the BIS results and the clinical expectations. This is due to the additional step of performing FFT of the IMFs from EMD which has allowed us to considerably reduce noise (frequencies less than 0.5 Hz and over 32 Hz) in the EEG signals more easily in the frequency domain prior to applying the HHT process. Previous work has shown that performing FFT of the IMFs can improve the efficiency of HT by more accurately capturing the frequency ranges present in the signal, as compared to using the FFT alone which is less capable in analyzing the frequency content of the EEG signal [17] . This is because the time resolution significantly affects the calculation of corresponding frequency content of the signal [23] . The application of FFT on the IMFs has been applied in fault detection of bearing element [17, 23] as well as power quality analysis [24] . In our application, the IMFs of EEG signals derived from EMD are enhanced by applying FFT for separating out frequencies that lie within 0.5~32 Hz more accurately. The signals comprising of the selected IMFs can obtain the instantaneous frequency and amplitude after the Hilbert transform is applied. However, if the signals have been contaminated by noise, the HHT process would generate degraded and error prone signals. Therefore, through applying FFT which performs an integration of the signals (i.e., similar to averaging the signals), the noise in the signals can be reduced.
The use of EEG signals for monitoring DoA has been extensively researched over the past two decades. The most popular and dominant method is the BIS algorithm [25] which is based on a weighted sum of several EEG parameters, including time domain, frequency domain, and three spectral sub parameters (i.e., relative beta-ratio, a parameter from the power spectrum; SyncFastSlow, a parameter derived from bispectral analysis quantifying the degree of phase coupling; and a suppression ratio, quantifying the percentage of suppression during burst suppression pattern [26] ). BIS is a statistically based and empirically derived complex parameter and has been effectively used for monitoring DoA compared to traditional Fourier transform algorithms that are ineffective in processing non-linear and non-stationary EEG signals. However BIS cannot tolerate persistent noise, such as substantial electrotome use, which can interfere and disrupt the BIS reading output [27] . Another DoA monitoring approach is the Datex Ohmeda S/5 Entropy Module approach that is based on entropy to describe the irregularity, complexity, or unpredictability characteristics of a signal. This is an innovative monitoring modality that provides information on the electrical activity of the central nervous system (CNS) during general anaesthesia. The method uses spectral entropy based on information theory to acquire and process raw EEG and frontal EMG signals. However, the spectral entropy is still based on the Fourier transform and assumes the EEG signals can be processed based on the sine and cosine of linear signals [28] . Hence, this approach also does not account for the non-linear and non-stationary nature of EEG signals. In this study, our approach has several advantages in comparison with these two popular commercially used DoA monitoring methods. Firstly, using EMD to decompose the complex EEG signals does not require processing the signals as the sine or cosine of linear signals, as the signal is decomposed directly from original signal. EMD allows the decomposition of the complex EEG signal from high to low frequencies of different IMFs from which a subset of IMFs can be selected to capture the required frequency ranges to be processed and represented. Secondly, our approach converts the IMFs from the time domain to the frequency domain using FFT, which has been shown to improve the efficiency of HT by more accurately capturing the frequency ranges present in the signals, while reducing errors from the estimation of the time period from the time-domain based signal [17] . Therefore we can more effectively filter the noise according to the frequency from each IMF. In comparison the use of traditional band-pass filtering results in transition region problems which cannot be effectively removed from the signal. Finally, applying HHT has provided us with a mean to visualize instantaneous frequency and amplitude versus time in a real-time representation of the signal. This would be impossible to see using FFT which can only obtain an average frequency and amplitude versus time based representation.
Conclusions
Compared with the traditional physiological monitors, the real-time 3D signal representation method proposed in this paper provides a more convenient way for the anaesthetist to evaluate DoA from EEG output. The anaesthetist can read the complete information of EEG signal more clearly and instantaneously reducing the cognitive burden on him for determining the patients' conscious state and their reaction to administered drug by analyzing the raw signal and other monitored parameters. This will potentially significantly reduce the surgical as well as post-operative risks to the patient.
A proposed filtering approach is used to filter the raw EEG signals based on EMD and HHT to obtain instantaneous frequency and instantaneous amplitude of EEG simultaneously. The approach has been shown to be more effective over the standard filtering method in filtering out signal noise. This has been due to the additional step of performing FFT of the IMFs from EMD to allow us to reduce signal noise (at frequencies that are less than 0.5 and greater than 32 Hz) more easily in the frequency domain prior to performing HHT.
SampEn is a nonlinear quantitative method which can be used to distinguish the different stages of surgery based on the degree of consciousness of the patient. In comparison with other linear approaches such as calculating the AUC ratio of α + β waves, which is based on FFT, SampEn is more accurate in identifying the difference between each of three operational stages (before, maintenance and recovery).
The results from statistical analysis show that the differences between each stage computed by using SampEn is consistent with the trend of difference between each stage based on BIS which has been shown to be a quantifiable measure of the effect of anaesthetics on the central nervous system [14, 15] . These results are further improved when SampEn is used with the proposed filtering approach as compared with the standard filtering method. Therefore, SampEn can also be viewed as a useful index for evaluating the DoA of a patient. In conjunction with the proposed 3D EEG signal filtering and signal representation method, this new index can be used to develop a semi-automated DoA monitor which can both visually monitor EEG signals as well as more directly inform or alert surgical staff on the patients DoA in relation to any given point during the surgical procedure.
Future work will investigate the development of a deployable system which can be used in clinical settings in conjunction with an adaptive anaesthetic drug delivery system to help in the management of anaesthetic dosage based on patients' physiological responses.
